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Abstract
A review of the main phenomena related with the linear optical properties of isolated and sup-
ported metal nanoparticles is presented. The extinction, absorption and scattering efficiencies are
calculated using the Mie theory and the Discrete Dipole Approximation. The origin of the optical
spectra is discussed in terms of the size, shape and environment for each nanoparticle. The main
optical features of each nanoparticle are identified, showing the tremendous potentiality of optical
spectroscopy as a tool of characterization.
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I. INTRODUCTION
Shape, size and ambient conditions are crucial parameters to understand the physics and
chemistry phenomena of matter at the nanometer scale. The promising technological appli-
cations of Nanoscience depend on our capacity to control these parameters. In particular,
the correct knowledge of the optical properties of nanoestructures can be applied to fabri-
cate new optoelectronic devices1, as well as a tool for characterization2. Optical techniques,
like Raman, Differential and Anisotropy Reflectance Spectroscopy, Light Absorption Spec-
troscopy, Surface Enhanced Raman Scattering (SERS), etc., can be powerful tools to charac-
terize nanostructures because of their non-destructive and real-time character together with
their in situ potentiality. Furthermore, optical spectroscopies provide statistical properties
of the whole sample. These attributes have allowed us to control the growth of superlat-
tices3, and with a proper implementation of them, it might be possible to control also the
growth of NPs (NPs), correcting their shape and size during the process. Notice that optical
spectroscopies can be used also as complementary tools of the structural characterization
techniques like Atomic Force Microscopy (AFM), Scanning Tunneling Microscopy (STM),
Transmission Electron Microscopy (TEM), etc., which provide the image of a small piece
of the sample, giving information about local properties and characterizing a few NPs at a
time. Additionally, these structural techniques have other limitations because in most cases
the growth and characterization are made in different ambient, which is a serious problem
since the properties of NPs are ambient dependent. In some of these techniques the sample
is literally touched during characterization and sometimes this might substantially modify
the properties of a nanoparticle. Furthermore, the growth and characterization of NPs are
usually made at different times, and this might become an additional uncontrollable vari-
able. In conclusion, the actual correct determination of the size and shape parameters of a
given nanoparticle is still controversial because a more complete experimental determination
is needed, together with a corresponding clear physical interpretation. In the present work,
we study the optical properties of metallic nanometer-sized particles with different shapes
and sizes. We calculate and discuss spectra for the extinction, absorption and scattering
efficiencies. In particular, we show results for silver NPs. First we study the case of isolated
or suspended NPs, and then we consider the case when the nanoparticle is lying over a
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substrate.
II. SIZE EFFECTS
When a particle is excited by an electromagnetic (EM) field, its electrons start to oscillate
with the same frequency as the one of the incident EM. The excited charges can transform
energy from the incident EM wave into, for example, thermal energy in a so-called absorption
process. However, the charges can be also accelerated such that they can radiate energy in
any direction in a so-called scattering process. The sum of both effects is called the light
extinction. Then, the extinction cross section is defined as the total EM power crossing the
surface of the particle as a function of the irradiance of the incident light4.
In this work, we consider NPs, which are large enough to employ the classical EM theory.
However, they are still enough small to observe the dependence of its optical properties as
a function of it size and shape. This means that the inhomogeneities of the particle is small
compared to the wavelength of the incident field, such that, each point of the nanoparticle can
be described in terms of its macroscopic behavior: the optical properties of the nanoparticle
depend on the frequency only. Here, we restrict ourselves to the elastic or coherent case,
where the frequency of the absorbed and scattered light is the same as the frequency of the
incident light.
To understand the range of the different process as a function of the size of the particle, we
first study the absorption and scattering phenomena of a spherical particle using the Mie
theory4. To compare the scattering or absorption process we employ the scattering, absorp-
tion and extinction efficiencies, which are dimensionless functions. In all of our calculations
we consider silver NPs describe by dielectric function measured by Johnson and Cristy5.
In Fig. 1 we show the (a) absorption and (b) scattering efficiencies as a function of the
wavelength of the incident light, calculated using Mie theory for spherical silver NPs of
different radii a in vacuum. In the spectra we can observe that at about 320nm all the
efficiencies have a local minimum that corresponds to the wavelength at which the dielectric
3
function of silver, both real and imaginary parts, almost vanish. Therefore, this feature of
the spectra is inherent to the material properties and, as we observe below, it is independent
of the particle geometry. Below 320nm, the absorption of light is mainly due to the intra-
band electronic transitions of silver, therefore, this feature of the spectra should be also quite
independent of the shape and size of the particles, as it is actually corroborated in all the
graphs shown below corresponding to a silver particle. We observe that for particles with
a10nm the absorption process dominates the optical spectra. For these NPs, the absorption
efficiencies show a single peak always located at ?=355nm, and their intensity increases
linearly with the radii of the sphere. Also for a10nm, we observe that the scattering effects are
not present, however, as the size of the sphere increases light scattering becomes important
rapidly. Let us analyze three different absorption phenomena related with the size of the
FIG. 1: (a) Absorption and (b) scattering efficiencies for spherical nanoparticles of different radii.
particles. This will help us to understand the line-shape of the spectra. The first one is due
to plasma resonances of the metal, the second is due to the relation between the electron
mean free path and the finite size of the particle, and the third is due to electron damping
by radiation effects.
A. Plasma resonances effects
When the size of a homogeneous particle is much smaller than the wavelength of the incident
light, a≪ λ , the electronic cloud of the NP is displaced with respect to the ions of the system.
In the case of a homogeneous sphere, this displacement corresponds to a dipole charge
distribution. The extinction and absorption cross sections in the dipolar approximation are
given by5:
Cext =
8πnmed
λ
Im [αd(λ)] , (1)
Cabs =
16πa2
3
(
2πnmed
λ
)4
|αd(λ)|
2 ,
where
αd(λ) =
ǫesf − ǫmed
ǫesf + 2ǫmed
,
4
αd(λ) is the dipolar polarizability of the sphere, ǫesf is the sphere dielectric function, and
ǫmed is the dielectric function of the surrounding media. In this case, one can say that the
sphere has one polarization mode whose wavelength is given by the pole of the polarizability
in Eq. (1), i. e., when ǫesf + 2ǫmed = 0. We obtain that this mode is independent of the size
sphere, corroborating the results shown in Fig. 1(a) for a 6 10 nm. In conclusion, we find
that the dipolar description of the spectra is valid only for spheres with radii smaller than
10 nm.
When the size of the sphere increases the displacement of the electronic cloud is not more
homogeneous, such that, high-multipolar charge distributions can be induced. In this case,
the absorption spectrum shows more than one polarization modes and usually the spectrum
is broadening and becomes asymmetric. Also, when the size of the sphere increases scattering
effects are present which also make broader the spectra and move the dipolar mode to larger
wavelengths. In Fig. 2, we show the absorption efficiency for spherical NPs with 7 and 40 nm
of radii, calculated using Mie theory. We also show the quadrupolar mode contribution to the
spectra. We observe that for particles with a 6 30 nm the contribution of the quadrupolar
mode is not present. When the size of the sphere increases, the quadrupolar mode appears
at smaller wavelength than the dipolar mode, giving rise to a shoulder in the spectrum at
λ = 345 nm, for the sphere with a = 40 nm, as shown in Fig. 3(b). The quadrupolar mode
does not depend also on the size of the particle; so, the wavelength of this mode is always
the same.
FIG. 2: Absorption efficiencies for spherical nanoparticles of different radii.
B. Surface dispersion effects
The dielectric function of a metal can be described as
ǫ(ω) = ǫintra +
(
1−
ω2p
ω2 + iωγM
)
, (2)
where ǫintra is the contribution from the intraband transitions, and the term in parenthesis
is the contribution from the conduction electrons given by the Drude formula7. Here, ωp is
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the plasma frequency, and γM is the macroscopic damping constant due to the dispersion
of the electrons by the ions of the system. The latter constant is directly related with the
mean free path of the conduction electrons. When the dimension of the NP is smaller than
the mean free path, the conduction electrons are also dispersed by the surface of the NP.
To take into account the finite size of the NP, we can add, to the damping constant, a term
that depends on the size of the particle like γ = γM + γ(a). Then, the dielectric function of
the NP is now described as
ǫ(ω, a) = ǫintra +
(
1−
ω2p
ω2 + iω(γM + γ)
)
. (3)
For spherical NPs, the damping term due to surface dispersion8 is: γ(a) = 3vF/4a , where
vF is the Fermi velocity. As smaller is the sphere, the surface dispersion effects are more
important. The surface dispersion does not change the wavelength of the proper modes but
it only affects its intensity. The latter is observed in the adsorption efficiency for a small
sphere (a 6 10 nm), where the dipolar mode stays at the same wavelength but the peak is
less intense and is symmetrically broadening. In Fig. 3 we show the extinction efficiency
with and without surface damping effects for spheres of a = 5 nm and a = 50 nm. For
a > 50 nm, the surface dispersion effects can be neglected.
FIG. 3: Extinction efficiencies with and without surface dispersion effects for spherical nanoparticles
of different radii.
C. Radiation damping effects
When the size of the particle is large enough, the electrons can be accelerated in the presence
of the incident light, and then, they radiate energy in all directions. Because of this secondary
radiation, the electrons lose energy experimenting a damping effect. Let us suppose that at
the center of the sphere, its total dipole moment is given by ~P = α
[
~Einc + ~Erad
]
, where ~Einc
is the incident EM field, and ~Erad is the radiated EM field. Considering a solid homogeneous
sphere, one can suppose that each volume element contributes to the total dipole moment
like d~p(~r) = ~PdV , and that each one of these elements produces a depolarization field at the
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center of the sphere, which is given by d ~Erad. We solve ~P in a self-consistent way, and find
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that:
~Erad =
[
−
4π
3
+ k2
4π
3
a2 + ik3
2
3
4π
3
a3
]
~P , (4)
with k = 2π/λ. The first term in the parenthesis of Eq. (4) is the usual factor due to
polarization in the quasi-static limit. The second term comes from the depolarization field
that depends on the ratio between the radius of the sphere and the wavelength of the incident
light, x = a/λ. The third term is a damping effect due to the radiation of the dipole at the
center of the sphere, and also depends on x. The depolarization field shifts the position of
the mode to the red (larger wavelengths), while the radiation damping reduces the intensity,
makes broader and asymmetric the spectrum.
In Fig. 4 we show the extinction efficiency calculated using Mie theory, and using the dipolar
approximation from Eq. (1), and including the surface dispersion and radiation damping
effects from Eqs. (3) and (4). We observe for a sphere with a = 20 nm that the radiation
damping shift the wavelength of the dipole mode, such that, the agreement with Mie theory
is remarkable. For a sphere with a = 40 nm the radiation effects are more evident because the
dipolar mode is red-shifted, made wider and asymmetric. The shoulder below λ = 350 nm
for the sphere with a = 40 nm, corresponds to the quadrupolar mode, as shown in Fig. 4(b).
FIG. 4: Extinction efficiencies calculated using Mie theory, and the dipolar approximation with
and without radiation damping corrections, for spherical nanoparticles of different radii.
III. SHAPE EFFECTS
Let us study the optical response of NPs with different shapes. Now, we need to use numerical
methods, since the Mie theory is exact only for spherical particles4. Because of the complexity
of the systems being studied, efficient computational methods capable of treating large size
materials are essential. In this work we employ the Discrete Dipole Approximation (DDA),
which is a computational procedure suitable for studying scattering and absorption of EM
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radiation by particles with sizes of the order or less of the wavelength of the incident light.
DDA has been applied to a broad range of problems10, including metal NPs11 and their
aggregates. The DDA was first introduced by Purcell and Pennypacker12, and has been
subjected to several improvements, in particular those made by Draine, and collaborators13.
Below, we briefly describe the main characteristics of DDA and its numerical implementation:
the DDSCAT code. For a full description of DDA and DDSCAT, the reader may consult
Refs. [12-14]. The main idea behind DDA is to approximate an object, in our case the
nanoparticle, by a large enough array of polarizable point dipoles. Once the location and
polarizability of each dipole are specified, the calculation of the scattering and absorption
efficiencies by the dipole array can be performed, depending only on the accuracy of the
mathematical algorithms and the capabilities of the computational hardware.
Let us assume an array of N polarizable point dipoles located at {~rj}, j = 1, 2, . . . , N ; each
one characterized by a polarizability αj. The system is excited by a monochromatic incident
plane wave ~Einc(~r, t) = ~E0e
i~k·~r−iωt, where ~r is the position vector, t is time, ω is the angular
frequency of the incident light. Each dipole of the system is subjected to an electric field that
can be split in two contributions: (i) the incident radiation field, plus (ii) the field radiated
by all the other induced dipoles. The sum of both fields is the so called local field at each
dipole and is given by
~Ei,loc = ~Ei,inc + ~Ei,dip = ~E0e
i~k·~ri −
∑
i 6=j
Aij · ~Pj, (5)
where ~Pi is the dipole moment of the ith-element, andAij with i 6= j is an interaction matrix.
Once we solve the 3N -coupled complex linear equations given by relation ~Pi = αi · ~Ei,loc,
then, we can then find the extinction and absorption cross sections for a target in terms of
the dipole moments.
Here, we present results for silver NPs with different geometries. We calculate the polariz-
ability using the Clausius-Mossotti relation7, and the dielectric function as measured on bulk
silver by Johnson and Christy5. In Fig. 5, we present the absorption efficiency of silver cubes
with sides smaller than 10 nm, as well as for large cubes with sides of 80 and 160 nm. In all
cases, the spectra show a rich structure of peaks, contrary to the case of the sphere with a
single peak. These peaks are associated to the resonances inherent to the cubic geometry15,
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because in this case the charges can arrange in many different ways, even in the quasi-static
limit. At least six different modes are observed, being the dipolar charge distribution the one
that contributes more to the spectra. For the small cube, the peaks are sharper than those
for larger cubes. This is because of the radiation damping effects, which moves the spectrum
to larger wavelengths, make broader the peaks and diminish the intensity. For large cubes,
the peaks at lower wavelengths increase their intensity, since high-multipolar contributions
become important. However, the main features of the spectra due to the geometry of the
particle are still there, as one can observe in Fig. 5.
FIG. 5: Absorption efficiencies for cube nanoparticles of different size.
In Fig. 6(a), we show the absorption efficiencies for a prolate spheroid with major to minor
axis ratio of 2 to 1, and where the incident EM field is polarized along and perpendicular
to its major axis. The major axis is 6 nm of length. As expected for small particles, the
main contribution to the efficiencies comes from the excited surface plasmons, one for each
polarization. The position of these surface plasmons depends on the axis ratio. For each
polarization, the peak is given by a dipole mode, where the one for an external field parallel
to the major axis, is more intense than the one for a field perpendicular. This shows that
optical techniques are also sensitive to light polarization. When the size of the spheroid
increases, we observe the radiation damping effects, as well as important contributions from
quadrupolar charge distributions11, like in the case for the sphere.
FIG. 6: Absorption efficiencies for (a) a prolate silver spheroid, and for (b) a cylinder and a disc.
In Fig. 6(b), we show the absorption efficiencies for a cylinder and a disc, when the incident
EM field is parallel to their symmetry axis. We observe that their optical response is similar
to the one for the spheroid using polarized light. However, the spectra in for each particle
show a main peak (like for the spheroid) plus other contributions. These contributions come
from the different modes inherent to the geometry. For example, we have different charge
distributions at the plates of the cylinder and disc, which give rise to the small structure
around each one of the main peaks. These allow us to distinguish among NPs with different
geometries.
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IV. SUBSTRATE EFFECTS
The knowledge of the optical properties of a particle located above a substrate can be used
also as a tool to interpret optical spectra for the characterization of supported NP systems.
The optical spectra of metallic NPs deposited on an insulating substrate is also characterized
by the presence of resonances. The location and broadening of these resonances depend on
the morphological and physical properties of the system. For example, they depend on the
properties of the substrate because the particle interacts with the charges induced on the
substrate. The interaction between different supported particles is also important, specially
in the case of a high concentration of particles. However, the study of a single supported
particle can be also performed in the dilute regime. In previous works, the presence of the
substrate was included by taking a dipolar interaction between the particle and its image.
However, the calculation of the interaction between a particle of finite size and its image
requires the inclusion of multipolar interactions. This is because the field produced by the
image, rather than being homogeneous over the size of the particle, as required by the
dipolar approximation, it is strongly inhomogeneous, specially when the particle is close
to the substrate. Different authors have included these multipolar interactions considering
particles of different shapes16,17,18,19. However, the numerical complexity of the problem
restricts tremendously the number of multipolar interactions taken to describe the system.
This situation restricts the study to only a few specific systems.
The inclusion of multipolar interactions between the particle and its image gives rise to
resonances additional to the dipolar one, which is the one which characterizes an isolated
particle. It has been also shown that the location and strength of the multipolar resonances
depend strongly on the properties of the substrate and the geometry of the system19. For
example, when a particle is in close contact with the substrate smooth spectra are obtained.
On the contrary, when the particle is located a certain distance above the substrate, a
well defined structure of the particle is located a certain distance above the substrate, a well
defined structure of resonances is obtained. The structure of these resonances is more evident
when the contrast in the dielectric response of the ambient and the substrate increases19.
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A powerful theoretical procedure has been developed to calculate the optical response of
a particle-substrate system using a spectral representation19. The main advantage of this
representation is that the strength and localization of the resonances, when given in terms of
the spectral variable, are independent of the dielectric properties of the particle, but depend
only on its shape and the dielectric properties of the substrate. With this procedure one is
also able to include a larger number of multipoles, allowing the treatment of substrates with
a larger contrast in the dielectric constant and particles closer to the substrate. In this work
we consider more asymmetric oblate particle than in previous treatments [16-18] and we also
study the changes in differential-reflectance spectra for particles made of different materials.
The details of the formalism is elsewhere19.
In Differential Reflectance (DR) spectroscopy one compares the reflectance of the substrate-
film system with the reflectance of the clean substrate, that is,
△R
R
=
Rsubstrate+film − Rsubstrate
Rsubstrate
. (6)
When one considers that the film is constituted by a dilute distribution of particles, all located
at the same distance from the substrate, one obtains, for p-polarized light, the following
△Rp
Rp
=
16ωf2a
c
cos θ
[
(ǫs − sin
2 θ)α˜|| − ǫ
2
s sin
2 θα˜⊥
(1− ǫs)(sin
2 θ − ǫs cos2 θ)
]
, (7)
where θ(= 50◦) is the angle of incidence, f2 is the two-dimensional filling fraction of particles,
c is the speed of light, and α˜|| and α˜⊥ are the effective polarizabilities of the particle, parallel
and perpendicular to the substrate. We consider here the case of particles of free-electrons
metals whose dielectric function can be described by the Drude model. For potassium the
Drude parameters are ωp = 3.8 eV and (γMωp)
−1 = 0.105. We also consider silver parti-
cles, and in this case we use, in our calculations, the experimentally-determined dielectric
function5.
In Fig. 7 we show the DR spectra corresponding to particles of potassium and silver lying
over a substrate of sapphire. In two of the panels, a/b = 1 (spheres) while in the other
two a/b = 2.5. The spheres are located at d = 1.0005b. Our procedure based in the
spectral representation allows us to consider a number of multipolar contribution as large
as Lmax = 2000, which is the number required to obtain multipolar convergence in the
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calculation of the spectral function. In the left panels of Fig. 7, we observe how the final
shape of the spectrum comes about by the superposition of resonances with strengths with
different signs. In the right panels of Fig. 7 we also observe important differences in the shape
of the spectra due to the difference in the dielectric response of the material the particles
are made of, even when in both cases the resonance structure is the same. A more complex
structure is observed in the case of particles of Ag. In potassium spheres the spectrum does
not reflect such a rich resonance structure, and this is mainly because the particle lies too
close to the substrate. From these differences in the spectra it is difficult imagine how an
invariant feature could be obtained from them. The spectral representation is that invariant.
We can give a more detailed explanation of the spectra of Fig.7 in the following way. In
the case of silver spheres the resonances are taller and sharper than for potassium. As a
consequence the resonance structure is richer than in potassium where the broadening effects
wash out the details of this resonance structure. The peak at low frequencies is thinner and
higher than that observed at higher frequencies, the opposite of what happens in the case
of potassium, which arises from the specific combination of parameters. At low frequencies
the resonances of each mode are taller and sharper than at high frequencies.
FIG. 7: DR for particles embedded in air lying over a substrate of sapphire. Left panels correspond
to spherical particles at a distance d = 1.0005b from the substrate, while right panels correspond
to OS particles with a/b = 2.5 at a distance d = 1.05b. Upper panels correspond to particles of
potassium and lower panels to particles of silver.
V. CONCLUSIONS
We have shown that optical spectroscopies can be useful to characterize nanoparticles of dif-
ferent size, shape and ambient conditions. We also show that the spectra is sensitive to light
polarization. In most cases, we have clearly identified the main optical signature associate
to different geometries. We have identified in the spectra the main surface plasmon reso-
nance associated to a dipolar excitation, as well as other resonances due to high-multipolar
excitations. A direct comparison of our results with most of the available experimental mea-
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surements of the optical properties of suspended nanoparticles would require an averaging
procedure over a wide distribution of sizes and shapes. But this averaging procedure might
smooth out the main relevant features of the spectra associated to the size and shape of the
nanoparticles. On the other hand, it would be very desirable to obtain optical spectra over
samples with narrower distributions of sizes and shapes.
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